This question was first proposed by Malgrange in [6] and in the same paper he gave the affirmative answer for the special case when is locally free.
THEOREM. If X is an n-dimensional o-compact noncompact complex manifold and J^ is a coherent analytic sheaf on X, then
Proof. I. For 0 ^ p ^ n let s*f {0 > p) denote the sheaf of germs of C°° (0, p)-forms on X and & denote the structure-sheaf of X. Since at a point in a complex number space the ring of C°° function-germs as a module over the ring of holomorphic function-germs is flat ([7] , Ths, 1 and 2 bis), the sequence 0 ϋ obtained by tensoring with ^ over ^ is exact (cf. [8] , Th. 3).
The theorem follows if we can prove that over έ?, we obtain an exact sequence Since Im^' and Ker^' are fine sheaves, 0^ ^~) and for every compact subset K of G(U?=m Suppα A; )Π^ = 0 f°r some m depending on K, then α k -^0 in Γ(G, j^ί 0 ' p) 0^ ^"). We have:
and let Supp Tβ G = K. Let K denote the union of K together with all the components of G -K relatively compact in G. We are going to prove that Supp T c K. Let L be a component of G -K not relatively compact in G. We need only prove that L f] Supp T = 0. Suppose the contrary. Since L is not relatively compact in G, Lςt Supp T (Supp T is compact by (1)). Supp T has a boundary point ^0 in L. We would have a contradiction if we can prove: (2) Every boundary point x of Supp T is a boundary point of Supp Tβ G . To prove (2) we suppose that x is a boundary point of Supp T and x is not a boundary point of Supp
we have a sheaf-epimorphism 0: ^s -> ^~. Tensoring it with over έ?, we obtain a sheaf-epimorphism θ' v \ (Jϊ?
Let {N k }t=i be a sequence of compact subsets of D such that N k czIntN k+1 and Hence (2) 
is finite-dimensional (cf. Proof of Th. 11, §17, [1] ). Since H*(G, J?~) ^ Coker β Gy Im β G is closed. Im (β σ )* is weakly closed ([5] , Preliminaires, §3, Th. 2). Therefore we have: (7 ) Every compact subset K of X has an open neighborhood G in X such that Im (/3 G )* is weakly closed. VI. By (5) and Th. 2, §3, Preliminaires, [5] , the theorem follows if we can prove that the intersection of Im (β z )* with every weakly compact sebset of (Γ(X,
K is compact ( [5] , Chap. IV, §3, Lemma 3). By (7) there exists an open neighbourhood G of K in X such that Im (β G )* is weakly closed. By (4) and (8) we have:
and Tβ x e V. Let g be a C°° function on G having compact support and being identically one on some neighborhood of K. Suppose 0 ^ p ^ n. Let σ p :Γ(G, j^( 0^(^ J^)-->Γ(X, J^( o^ (g)^ _^") be defined by trivial extension after multiplication by fir. σ p is continuous. Let 
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